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Abstract intense and brief bursts of X-ray emissions have been measured during the stepping process
of both natural cloud-to-ground (CG) and rocket-triggered lightning flashes. In this paper, we investigate
theoretically the energy spectra of X-rays produced by the bremsstrahlung emission of thermal runaway
electrons accelerated in the inhomogeneous electric field produced around lightning leader tips. The X-ray
energy spectrum depends on the physical properties of the associated lightning leaders. Consequently,
X-ray measurements can be used for diagnostics of the electrical properties of lightning stepped leaders.
We report simulation results of the photon energy spectra produced by 5 and 10 MV negative CG lightning
discharges that would be measured from the ground using ideal detectors. We also quantify theoretically
the radial dependence of X-ray energy spectra received at ground level during the leader stepping process.
Moreover, it is found that the ground radiation generated in this process is harmless to humans.

1. Introduction

Intense and very brief bursts of X-ray emissions have been detected from the ground during natural
cloud-to-ground (CG) lightning flashes [Moore et al., 2001] and rocket-triggered lightning flashes [Dwyer
et al., 2003]. These bursts are mainly composed of X-rays with energies extending up to a few hundreds of
keV [e.g., Dwyer et al., 2004]. Measurements at the International Center for Lightning Research and Testing
(ICLRT) have revealed that discrete and intense bursts of X-rays were time correlated with the formation
of leader steps during CGs [Dwyer et al., 2005]. This finding was extended by Howard et al. [2008], who
have spatially and temporally colocated X-ray emissions with leader step electric field changes for both
downward negative natural and rocket-triggered lightning flashes.

More recently, ground-based observations have provided valuable insights to the properties of these X-rays.
By imaging X-ray emissions from triggered lightning dart leaders using a pinhole-type high-speed X-ray
camera (XCAM), Dwyer et al. [2011] have demonstrated that the leader front is the source of the X-ray
emissions. Moreover, from the analysis of X-ray measurements by the Thunderstorm Energetic Radiation
Array (TERA) located at the ICLRT, Schaal et al. [2012] have indicated that energetic electrons, responsi-
ble for the production of these X-rays, exhibit a characteristic energy less than 3 MeV and the maximum
production rate of electrons is on the order of 10" electrons/s. Additionally, on the basis of XCAM mea-
surements of the structure of X-ray emissions from triggered lightning leaders, Schaal et al. [2014] have
found that X-rays can originate from either diffuse or compact source regions and the electrical charge
contained within the compact source region, typically with a radius between 2 and 3 m, is on the order
of 107 C.

Despite the above mentioned observational efforts, the exact production mechanism of X-rays during the
stepping phase of lightning leaders is still not well understood. The mechanism of relativistic runaway elec-
tron avalanches (RREAs) in large-scale thunderstorm electric fields has been clearly ruled out as it cannot
take place in the relatively small region in the vicinity of the leader tip, and it is not capable of explaining
the observed energy spectra [Dwyer, 2004]. On the other hand, Celestin and Pasko [2011] have shown the-
oretically how the large flux of thermal runaway electrons generated by streamers during the negative
corona flash stage of stepping lightning leaders could instead be responsible for these X-ray bursts during
negative CGs and for terrestrial gamma ray flashes (TGFs) [Fishman et al., 1994] during intracloud lightning
flashes (ICs).
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Figure 1. (a) Schematic of X-ray emissions produced during the stepping process of lightning leaders in a —CG flash,
including acceleration of thermal runaway electrons in the electric field produced around lightning leader tip region,
production of X-rays in bremsstrahlung emissions, and their further propagation in the Earth’s atmosphere. (b) Simula-
tion results for the inhomogeneous electric field produced by a 5 MV lightning leader calculated using the method of
moments and the positions of accelerating thermal runaway electrons at t = 7.4 ns derived from Monte Carlo simulation
results. (c) Time-averaged electron energy distributions representing the acceleration of one thermal runaway electron
in the electric fields produced around the tip region of stepping lightning leaders for two characteristic electrical poten-
tials: 5 MV and 10 MV. The curves are normalized so that the integration over the electron energy yields the amount of
electrons generated per thermal runaway electron injected in the simulation. The results are obtained in air at ground
level atmospheric density.

In this letter, based on the production mechanism of thermal runaway electrons by streamers during the
negative corona flash stage of stepping lightning leaders [Celestin and Pasko, 2011], we simulate the further
acceleration of these thermal runaway electrons in the electric field produced around lightning leader tips
and predict the energy spectra of X-rays that can be observed. Using Monte Carlo simulations of photons
propagating in the atmosphere from the source to the ground, we also investigate the properties of X-rays
that would be measured by a ground-based ideal detector during the stepping process of lightning leaders
and estimate the effective radiation dose that humans may receive at ground in the nearby region.

2. Model Formulation

X-ray emissions produced by stepping —CG lightning leaders are modeled following a three-step proce-
dure. First, we use the method of moments in order to calculate the electric field produced in the vicinity
of lightning leader tips. Next, a Monte Carlo model is employed to simulate the dynamics of thermal run-
away electrons in the lightning leader field obtained during the first step. Finally, from the differential cross
section of bremsstrahlung radiation calculated using the Born approximation [Heitler, 1954, p. 245] without
considering the screening effect and using a factorization of the angular and energy parts of the differential
cross section [Lehtinen, 2000, pp. 45-49], we model the production of X-rays and their subsequent prop-
agation in the Earth’s atmosphere. The production mechanism and the relevant collisional processes are
schematically depicted in Figure 1a.
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The method of moments [Balanis, 1989, p. 670] is used to solve the integral equations of the electric poten-
tial and compute the electric field produced in the vicinity of a —CG lightning leader tip. For the sake of
simplicity, we consider one lightning leader as a straight perfectly conducting wire. Stepping lightning lead-
ers typically produce an electrical potential drop on the order of 10 MV in the tip region [Bazelyan and Raizer,
2000, p. 106; Rakov and Uman, 2003, section 4.2, p. 111]. In the present work, we mainly study lightning
leaders with two representative electrical potentials: 5 MV and 10 MV. The electric potential of the lightning
leader tip with respect to the ambient potential is approximately V,, = E,l/2 [Bazelyan and Raizer, 2000,

p. 541, where E, is the ambient large-scale thunderstorm electric field, and / is the length of the unbranched
leader channel. In particular, the quantity / is chosen as 1 km and the radius of the leader channel is 1 cm
[Rakov and Uman, 2003, section 4.4.6, p. 134]. For a 5 MV leader, we assume an ambient large-scale thun-
derstorm electric field of 0.1 kV/cm [e.g., Marshall et al., 2001]. In the case of the 10 MV leader, the ambient
electric field is considered to be 0.2 kV/cm [e.g., Marshall et al., 2001].

In order to simulate the propagation and collisions of electrons in air under a given applied electric field, we
use a Monte Carlo model, similar to that described in Celestin and Pasko [2011], which is three-dimensional
(3-D) in the velocity space, 3-D in the configuration space, relativistic, and simulates electrons with ener-
gies from sub-eV to GeV. The initial location of the electrons is set at 15 cm from the leader tip in order to
avoid the acceleration of electrons in unphysically high electric fields [see Celestin and Pasko, 2011]. The
initial energy of the thermal runaway electrons is defined as 65 keV because those are believed to be pro-
duced by streamer discharges developing in the vicinity of the leader tip during the negative corona flash
process [Celestin and Pasko, 2011]. One notes that because of the strong acceleration of the thermal run-
away electrons in the leader field, the exact value of the initial energy chosen is not important as long as
the initial electrons are runaway in the leader field (>a few keVs). Bremsstrahlung radiation resulting from
the deflection of energetic electrons by air molecules is then calculated using the time evolution of electron
energy distributions. We note that X-rays produced by the initial production of thermal runaway electrons
by streamers would have typical energies from a few tens of eVs to a few tens of keVs and would therefore
be absorbed over distances shorter than ~40 m.

The Monte Carlo model developed to simulate photon transport through the atmosphere is similar to that
described in Jstgaard et al. [2008]. Three main collision types for photons with energies between 10 keV
and 100 MeV are considered: Photoelectric absorption (main process for energies up to ~30 keV), Compton
scattering (main process from ~30 keV to ~30 MeV), and electron-positron pair production (main process
>30 MeV). This model has been validated through calculations of TGF energy spectra based on RREA theory
and a very good agreement has been obtained with previous published results [Dwyer and Smith, 2005;
Xuetal,2012].

Besides the stepping of lightning leaders, the attachment process is known to be associated with X-ray emis-
sions [e.g., Howard et al., 2010]. Nevertheless, our present knowledge about the attachment processes is
limited and, in this paper, we mainly focus on X-rays generated by the stepping process of lightning leaders.
Specifically, it is considered that lightning leaders descend vertically in a series of discrete steps [Bazelyan
and Raizer, 2000, p. 84] toward the ground and X-rays are not emitted between steps [Dwyer et al., 2005]. The
step length of lightning leaders in —CGs typically measured in experiments is on the order of tens of meters
[e.g., Rakov and Uman, 2003, Table 1.11. It is chosen as 10 m in the present study. Note that this particular
length has little effect on calculations of X-ray energy spectra received on the ground for radial distances
greater than ~30 m. We also assume that X-rays produced after the formation of each new step follow the
characteristic energy spectra of bremsstrahlung photons produced by the 5 MV or 10 MV lightning leaders
as shown in Figure 1c. As for the beaming of X-rays, it is assumed to be isotropic and within a downward
solid angle of 2z, following the suggestion in [Saleh et al., 2009].

Schaal et al. [2012] observed the X-ray radiation of a —CG lightning event (MSE 10-01) using TERA. The
stepped leader in this event had an average speed of 4.22 x 10° m/s [e.g., Howard et al., 2010; Schaal et al.,
2012]. They reported X-ray radiation in this event 891 ps prior to the time of return stroke, corresponding to
the stepping of lightning leaders from approximately 376 m altitude to the ground [Schaal et al., 2012]. This
range of altitudes (i.e., from 376 m to the ground) is adopted as a reference for the source locations of X-rays
in our modeling. However, we note that the choice of source altitudes is not critical in this study, especially
for analyzing the energy spectra of X-rays received at ground level for radial distances greater than ~30 m,
because X-rays emitted from leader steps at relatively high altitudes are severely absorbed by the Earth’s
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Figure 2. Photon energy spectra: (a) produced at the source by the bremsstrahlung radiation of energetic electrons accelerated in lightning leader fields for
two electrical potentials: 5 MV and 10 MV (see Figure 1¢); (b) collected at ground level within a radial distance of 500 m from the ground impact location of the
lightning channel during the process of leader propagation from 376 m altitude to the ground. (c) Spectrum of photons collected at radial distances of 10 m and
400 m from the location of the 10 MV lightning channel ground impact. The dashed line represents the energy spectra of photons collected at a radial distance
of 10 m but for step lengths of the lightning leader assumed to be 20 m.

atmosphere due to the high air density that they experience during their propagation towards the ground.
Itis also supported by the fact that X-ray radiation significantly intensifies as lightning leader approaches
the ground [e.g., Schaal et al., 2014].

When evaluating the significance of radiation to living organisms, the effective radiation dose with units of
Sievert (Sv), which is expressed in terms of joules of absorbed energy per kilogram, is usually used [Knoll,
2010; Dwyer et al., 2010]. In the present work, after obtaining the spatial energy distributions of X-rays at
ground level, the effective radiation dose that can be received by the human body is calculated following
the approach described in Dwyer et al. [2010, equation (2)]. In particular, the energy-dependent factors used
for converting X-ray fluxes into radiation doses are obtained from Pelliccioni [2000].

3. Results

Figure 1b shows modeling results for the inhomogeneous electric field produced in the vicinity of a 5 MV
lightning leader tip calculated using the method of moments and the positions of accelerating thermal run-
away electrons at t = 7.4 ns, which is chosen here for the sake of illustration, derived from the Monte Carlo
simulation. As illustrated in this figure, the electric field produced by the 5 MV lightning leader is highly
inhomogeneous [e.g., Celestin et al., 2012] and the accelerating thermal runaway electrons are guided by
the electric field lines. Figure 1c presents the time-averaged energy distribution functions obtained from the
acceleration of thermal runaway electrons in the electric fields produced by stepping lightning leaders with
two electric potentials: 5 MV and 10 MV. The curves are normalized by first integrating over the time evolu-
tion of energy distribution and then dividing by the duration of the acceleration process and the number
of electrons initially injected in the simulation. The integration of the distributions presented in Figure 1c
over the electron energy yields the amount of electrons generated per thermal runaway electron injected in
the simulation. We note that the maximum kinetic energy that thermal runaway electrons get in the electric
field of the 10 MV lightning leader is close to 2 MeV, resembling the most energetic X-rays typically observed
by TERA [Saleh et al., 2009; Schaal et al., 2012]. In Figure 1¢, the small peaks around ~70 keV are a conse-
quence of the discreteness of the numerical integration of the spectra over time. Specifically, the peaks are
produced by the initial group of thermal runaway electrons swiftly propagating in the energy space.

The energy spectra of bremsstrahlung photons at the source are further calculated and shown in Figure 2a
using the time-averaged electron energy distributions presented in Figure 1c. One sees that the predicted
energy spectra of X-rays corresponding to both 5 MV and 10 MV lightning leaders do not follow the theo-
retical energy distribution of bremsstrahlung photons produced by electrons with an exponential energy
distribution and an e-folding kinetic energy. As expected, we also observe that the energy spectra of
bremsstrahlung photons produced by a 10 MV lightning leader are harder than those produced by a 5 MV
lightning leader.

Figure 2b shows modeling results of the cumulative energy spectra of X-rays measured by ideal detectors
(without detector response) during leader propagation from 376 m altitude to the ground in the case when
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detectors are uniformly placed per unit area within a radial distance of 500 m from the ground impact loca-
tion of the lightning channel. A distance of 500 m is chosen to represent the detecting range covered by
TERA [e.g., Saleh et al., 2009]. Figure 2c presents the X-ray energy spectra in the 10 MV lightning leader case
as measured by an ideal detector at radial distances of 10 m and 400 m from the lightning channel ground
impact. To obtain these results, we have accumulated the partial spectra of those shown in Figure 2b over
concentric rings defined on the ground at radial distances between 8 and 12 m, and 398 and 402 m for the
distances of 10 m and 400 m, respectively. We have verified that these rings are sufficiently thin so that the
spectra vary only negligibly from the inner radius to the outer radius of each ring.

The dashed line in Figure 2c also shows the energy spectra of photons collected at the radial distance of

10 m but for the case that the step length of the lightning leader is 20 m, representing the uncertainties
caused by the choice of leader step length (specifically, quantitative deviations observed in the energy
range below 50 keV). For detectors located very close to the ground impact location of the lightning
channel (i.e., within a few tens of meters), the recorded X-rays mostly originate from the last leader step,
before the attachment process. This is mainly due to the fact that the decreased distance between the X-ray
source and detectors enables a large population of photons with energies of a few tens of keVs to reach
detectors without being absorbed in the air. For instance, the mean free path for X-rays with an energy of
20 keV is ~13 m at ground level air density, and therefore, one should observe an enhancement in the spec-
trum in this range of energy for detectors located at a radial distance of 10 m if the step length decreases
from 20 m (corresponding to the last step terminating at 16 m altitude) to 10 m (with the last step at 6 m
altitude) as evident in Figure 2c. However, we note that the choice of step length hardly changes the energy
spectra of X-rays collected, for example, at a radial distance of 400 m. More interestingly, the X-ray energy
spectra show a significant radial dependence: as the distances from lightning channel decrease, the energy
spectrum extends to the range below ~50 keV and becomes harder in the range above ~50 keV.

4, Summary and Discussion

In this work, we have simulated the dynamics of thermal runaway electrons accelerating in the inhomoge-
neous electric field produced around lightning leader tips [Celestin and Pasko, 2011] to study the production
of bremsstrahlung X-ray bursts from —CG lightning discharges. Using Monte Carlo simulations of the trans-
port of these X-rays down to the ground, we predict the characteristic time-averaged electron energy
distributions produced by 5 MV and 10 MV lightning leaders and the corresponding raw energy spec-

tra of X-rays that can be observed at ground level caused by the stepping process of lightning leaders

in —CGs.

The energy distributions of electrons and resultant X-rays obtained from the acceleration of thermal run-
away electrons in lightning leader fields are directly related to physical properties of the stepping lightning
leaders [e.g., Xu et al., 2012; Celestin et al., 2012]. This point is illustrated by the comparison of source X-ray
energy spectra presented in Figure 2a. We observe that the maximum energy that electrons acquire from
the 10 MV lightning leader potential, which is defined by the electric potential drop in the leader tip region,
is approximately twice that of the 5 MV lightning leader. Moreover, the hardness of X-ray energy spectra is
also different between the two leader potentials. In contrast to lightning leaders in —CGs, long unbranched
lightning leaders in ICs generally possess larger electric potentials and have been demonstrated to be able
to generate gamma rays with energies up to a few tens of MeV and explain satellite measurements of TGF
spectra [Xu et al., 2012; Celestin et al., 2012]. Due to the correlation between the photons and the causative
potential drop produced by lightning leaders, measurements of X-ray radiation can bring a significant
insight on the electrical properties of lightning leaders.

Modeling results of X-ray energy spectra received at ground by ideal detectors during the stepping process
of lightning leaders are comparable to TERA measurements in terms of general shape and spectral hardness
[Schaal et al., 2012]. However, detailed comparison with TERA measurements should take detector response
into consideration. As the radial distance from the lightning channel increases, photons received at ground,
on average, experience more scatterings by air molecules. Given that photons are completely absorbed in
photoelectric absorption and lose considerable energy in Compton scattering, energy spectra of photons
received at ground should demonstrate significant radial dependence as evident in Figure 2c. The sharp
decrease in the energy region below ~50 keV stems from the fact that the increased amount of photoelec-
tric absorption hampers low-energy photons from reaching further radial distances. As for the change in the
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energy spectrum above ~50 keV, it primarily reflects the fact that photons undergo more Compton scatter-
ings to reach further radial distances, which significantly softens the energy spectra. Furthermore, we note
that the 511 keV positron annihilation line is not characteristics for the phenomenon discussed in this paper.
This is mainly because of the fact that photons typically produced by stepping lightning leaders in —CGs
have energies up to a few MeV and electron-positron pair production is not the dominant collisional process
in this energy range.

Based on XCAM measurements, Schaal et al. [2014] have suggested that the compact source region in front
of lightning leaders, responsible for production of X-rays, has a radius between 2 and 3 m and the electric
charge contained in this region is on the order of 10~ C. From the quadratic relation between the elec-
tric charge contained in the streamer zone and the electrical potential of the associated lightning leader
[Celestin and Pasko, 20111, we estimate from first principles that the charge in the streamer zone of a 5 MV
lightning leader is approximately 2.8 x 10~ C. As for the 10 MV lightning leader, the electric charge in the
streamer zone is 1.1 x 1073 C. We also estimate the radius of the streamer zone in front of the 5 MV and
10 MV lightning leaders and the values are, respectively, 2 m and 4 m. Both the electric charge contained in
the X-ray source region and the size of the streamer zone are consistent with results in Schaal et al. [2014].

Using the singly differential cross section of bremsstrahlung emissions and estimating the number of ini-
tial thermal runaway electrons injected by steamers in the leader field from the method derived in Celestin
and Pasko [2011], we find that a 10 MV lightning leader should produce less than 10'> photons (upper limit)
with energies above 10 keV. From this number, we evaluate that the maximum radiation exposure at ground
level, corresponding to the ground impact location of the lightning channel, as produced during the step-
ping process of a 10 MV lightning leader during its propagation down to the ground is ~0.4 mSv. Given that
~12 mSv is the effective radiation dose for a full-body computerized tomography scan [e.g., Brenner and
Elliston, 2004], this amount of radiation is considered to be insignificant to humans.
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